Let \p(x) = x -[x] -2. It has been conjectured by S. Chowla that E"<v'^ {<P2(x/n) -1/12} = 0(x1/4+l), for every € > 0. In this paper we show that this conjecture is equivalent to 2B<X/X "2{'/'2(V«) ~~ 1/12} = 0(jt5/4+t) by proving that
Introduction.
Throughout the following, x denotes a real variable > 1, [x] denotes the greatest integer < x (integral part of x) and \p(x) = x - [x] -I Let t(/?) denote the number of divisors of a positive integer n and let (1 l) A(x) = 2 r(n) -{x log x + (2y -l)x),
where y is Euler's constant. The classical 'Dirichlet divisor problem' states that (1.2) A(x) = 0(xx/4+i) for every e > 0.
This problem is still open. The best result known till now is due to G. A.
Kolesnik [3] , who proved that In 1963 S. Chowla and H. Walum [1] proved the following result, which is analogous to (1.4):
(1.5) 2 "{p2{^-^}-0(x^).
äM.)-A}
(1-6) n<^x -= 0(xl/4+t) for every e > 0.
Although (1.6) resembles (1.5), it is probably extremely hard to prove (1.6) like (1.4 Remark. It follows easily from (1.5) and the Theorem that
It is highly desirable to have direct proofs of (1.9) and (1.10) without appealing to (1.5) and the Theorem. It can be easily seen that any two of (1.5), (1.7), (1.9) and (1.10) imply the other two.
Prerequisites.
We need the following two lemmas due to S. L. Segal License or copyright restrictions may apply to redistribution; see https://www.ams.org/journal-terms-of-use so that by Lemma 2, it follows that Hence the Theorem follows.
